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Lemma II.

Si in fignraquavis Aa cE-vellis Aa, AE, ¢ cirva %.cE
comprebenfasinferibantuy” parallelogramma—guoteung; A'b, B,
Cd, &cTfub bafibus AB,BC,CD,&c.
equalibus, ¢ lateribus Bb, Cc, D d, LF

&c. figura lateri A a parallelis comten- a4
ﬁ g i '\ : m

tas & compleantur~parallelogramma - ¥ P\ .

aKbl, bLcmy <Mdn, &c, Deinborun LIt
Pparallelograzmornm latitudo ininviatnr, \ E
O numerus angeatuy in infinitum . dico | Mg '

“gnod ultima rd?io;ze,r,—',‘qna.r habent ad fe
invicen figurainferipta AKbLcMdAD,
cireumferipta Aalbmcend oE "¢ .o
curilinea AabcdE ;~ funt rationes - A BF¥ €. B K
equalitatis. . K-« X
Nam figure infcripte & circumfcripte differentia’eft fumma

parallelogrammorum K/!+Lm+ Mn+ Do, hoc eft ( ob z-
quales omnium bafes ) reGtanguluth fub unius bafi K b & alticudi-
num fumma A, id eft reCtangulum 4B /4. Sed hoc reGangu-
lum, eo quod latitudo ejus A B in infinitum minuitur, fic minus
quovis dato. Ergo, per Lemmal, figura infcripta & circum-
fcripta,& multo magis figura curvilinea intermedia, frunt ultimo

®quales. 0. E. D.

Lemma HIL
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Ecedenivationes iiltime Junt etion,equalitatisyubi parallelogrammm®
ritie latitudines AB, BC, C D, && funt inequales, & onmues
R T

St cuim AF 2qualis latitudini maximz, & compleatur pa-
Foiclosrammum FAaf. - Hoc erit majis quam differentia
: - wlecpte & fipurze ciccamiciipras at latitudine fua AR
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[ 28 ] : rodvis reGant
m infinitum diminuta, mjnye fict quam datum qt
gulum,

ma ultimg parall

P
cent
elogrammorum evanef

X parte cuni
Corol. 77 Biy

figura curvilinea. Jisevanel
gis ﬁgura?e&ilinca, que chor ncidicul
centium  arcyyyy, ab, be, cd, @vc.“cmnprchf:ndltul‘, s
timo cupy’ figura curvilinea,

Corol, 3

em
p 3 < ey — : rund

- Ue & figura retilinea Quz tangentibus €0
arcuum‘circum{cribitur.
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ad fipuram ; exiftente nimirum figura priore ( per Lemma 11 1.)

ad fummam priorem, & pofteriore figura ad {ummam pofterio-

rem in ratione xqualitatis.
~ Corol. Hinc i duz cujufcung; generis quantitates in eundem
partium numerum utcung; dividantur, & partes illz, ubi nume-
Ius earum augetur & magnitudo diminuitur in infinitum, datam
obtineant rationemad invicem, primaad primam, fecunda ad fe-
cundam, czterzq; {uo ordine ad cxzteras; erunt tota ad invicem
in cadem illa data ratione. Nam {i in I.emmatis hujus figuris
{fumantur parallelogramma inter fe ut partes, fumma partium fem-
per erunt ut fummz parallelogrammorum atqsadeo, ubi partium
& parallelogrammorum numerus augetur & magnitudo diminui-
tur ininfinitum, in ultima ratione pé,rall_c]ogrammi ad parallelo-
‘f}mmmum, id eft ( per hypothefin ) in ultima ratione partis ad
artem, -

Lemma V.
Similinm ﬁgurarm;}.— laterd omuia, qué Jibi neutno vefpondent; Yfunt pro-
portionalia, tam curvilined quant vectilinea, & area Junt in dupli-
cata Fatione laterum.¥ 7

Lemma VI
Si arens guilibet pofitione datws A B fubrendatur chorda AB, & in
“Puného aliguo—,~ in medio crrvature
continuey tangatur & FeCta ring; pro- A e D o
S

duSta AD s dein prncla A, B adin- AET L g
wicem accedamt @~ coeant s dico ~guod : e \\\\/
angulus B AD fub chorda & tangente / b
contentus minuetur in 'ﬁzﬁm'tum o k-
timo evanefcet. w X
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Mnbmttﬁxd,
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Nam producantur \AB, AD, ARadb, d& r. Ipli RD
agatur parallela rbd, & arcui AB [imilis ducatur arcus Ab.

Cocuntibus pun&is A, B, angulusbAd

Sem?er

evanefcet, & propterca triangula tria A . P d
rAb, r Ab, r Ad coincident, funtqs eo | A e
nomine f{imilia & =qualia~ Unde & ,f /"” ‘\\'T«/}/
hifce femper fimilia- & proportionalia & i L°

RAB, R AB, RAD fient ultimo fibi |
vicem {imilia & zqualia. 0. E. D.

Corol. Et hinc triangnla illa in omnide
rationibus uldmis argumentatione pro fe-
wvicem ufurpari poflunt.

1\

Lemma IX.

Si re€ta AE oo CirvaAC pofitione date fe mutno™ fecent in angnlo

| “dato A; & advellam illant in
| aliodato angulo ordinatim ap-
plicentur-B D, EC, curvsoc-

currentes in B, C 5 deini pinsta

B, C accedant ad punSinm A :

dico~giiod. aree triangilorum

ADB, AEC eruni nltimo ad

Tinwvicem i, clnpljmtﬂbtione: Ja-

terim, f; -

; l;:g:cnim in AD produdta ca-
paittf 4d, Aevplis AD, AE
Proportiotiales; & erigantur or- -

dinatz db, ec ordinatis D B, EC para]lclm(&&p&p&wbm-lgf :

Preducasue4C ad=e) ducatur curya Abeipli ABC ﬁmi]is,‘

reGta A ¢ tangatur curva utrag; in Aj & {ecantur ordinatimappli

Jico:

| .
: - Cate in F| G, f, g Tum cocant pun&a By C cumpunlte A; 8& .

| anguloc Ag cvanelcente, coincident arex curvilinex Adbd, Ace

- cum re@ilincis Afd, Age, adeogs per Lemma V3 euncin du- -
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, e ona
latertum 4 dy Ae: Sed his areis p! OPOY;)‘ AE.
J E, & his lateribus latera 4 ']’C Jate-
> ACE funt ultimo in duplicata ratior
e 'nm 4D, AE. 0. E. D,
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tia G ¥ minor effe poteft quam aflignata quavis.  Eft autem |
( ex natura circulorum per puncta 4 BG, Abg tranfeuntium ) A
AB quad. zquale AGxB D & Ab quad. - A A
quale Agxbd, adeoqs ratio ABquad. ad = = 5 ‘
Ab quad. componitur ex rationibus AG ad NS
Ag & BDad bd. Sed quoniam 7 G aflu-
m poteft minor longitudine quavis afligna-
ta, fieri poteft ut ratio AG ad Ag minus
differat a  ratione a‘qualiratis ‘quam pro
differentia quavis aflignata, adeoq; utratio
4 B gunad. ad Ab quad. minus differat a ra-
tione BD ad bd quam pro differentia -
quavis aflignata.  Eft ergo, per Lemma E
ratio ultima A4 B guad. ad Ab quad. zqualis
rationi uldmz B D ad bd. Q. E. D.

Cas. 2. Inclinetur jam B D ad A D in angulo quovis dato, &
eadem femper eritratio ultima B D ad bd quz prius, adeogq; ca- "
dem ac A B guad. ad Ab quad. Q. E. D. .0 it BD verfen s olaturm r

Cas. 3. Et quamvis angulus D non detur; , tamen anguli D,d 2k e

Q s

Q0%

quam pro differentia quavis affignata; adeog; ultimo zqualese- -~ A 1
runt, per Lem.l. & propterea linex BD, bd in cadem ratione |

' : ri S L s aen il ARG
ad invicem ac prius. Q. E. D. YA

Corol. 1. Unde cum tangentes 4 D, Ad, arcus AB, Ab &e-
orum finus BC, b ¢ fiant ultimo chordis AB, Ab zquales; erunt
et}gm illorum quadrata ultimo ut {ubtenfz B D, bd. ‘ |

Corol. 2. Triangula re&ilinea AD B, Adb funt ultimo in tri- o
plicata ratione laterum A D, Ad, ing; {efquiplicata laterum D B,
db: Urpote in compolfita ratione laterum AD & DB, Ad &db
exiltentia.  Sic & triangula ABC, Abe funt ultimo in wiplica-
ta ratione laterum BC, be. : N e
~ Corol. 3. Et quoniam DB, db funt vltimo parallele & in du- 4, ¢ ote
Plicata ratione ipfarum 4 D, Ad; erunt arex uliima curvilinez ‘

el Fofiors o o oelociSas 4 arcum

VX B ..

A

-
.
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ADB, Adb ( ex natura Parabole') du tertie partes Zfﬁ‘;‘%‘zs
lorum reilineorum 4 DB, Adb, & fegmenta 4B, Ab p o
tertiz eorundem triangulorum. Etinde hz arex & hxcie %“;\()r.
ta erunt in triplicata ratione tum tangentiam 4 D, Ad, tum¢
darum & arcuam 4B, A4b.

2 Scholium.
@, | nec
——a § * — . ey > . n
+ Czterum 1n his cmmbus fuppommus angulum Co‘_‘t(“,&us- went
infinité majorem efle angulis contaftuum, quos circult Con(t,“c'ur-
elt

T ~cum Tangentibus fuis, nec iifdem infinite Tinorem 5 hoc
+ + vaturam ad pundtum 4, nec infinite parvam effe nec mﬁm{
 pam; feu intervallum 4 ¥ finite efle Magpitudinis.  Cap!

+ Tpotet DBut AD3: quo in cafucirculus hallus per "@.un&u.m :i
intef tangentem 4 D & curvam?tﬁ‘duci“potq;‘t,‘“promdeqa a

e — 4 e 3 R ¥ » e L u—
gulus contaftus erit infinite minor circularibusi— Et imili ar$

mento fi fiat D BluccelliveutdD4, ADS, ADS, A D7, &g,
habebitur feries angulorum contaftus pergens in infinitum, qu; B8
rum quilibet pofterior eft “infirit€ miror priore. Et fi fiat i
—fucceflivent AD2?, AD%, AD%, ADs,AD%, AD%, &C haﬁ
- bebitur aliz feries infinita angulorum contadtus, quorum primus e -
ejufdent generis cum circnlaribus; fecundus infinite major, F 3
libet pofterior infirité majoi priorer— Sed & inter duos qU° o
_S:)E*nis angulis poteft feries utring; in infinitum pergens angh offio
-~ intermediorum inferi; quorum quilibet pofterior erit nfin1t€ e
jor, priore. Ut {i inter terminos A D2 & A D3 inferaturfen,e,s
AD?,ADYAD% ADY ADS, ADS, ADY, ADY, 227
&, Etturfus inter binos quofyis angulos hujus feriel wnfert '/P’n—
J’f + by fér_ies nova angulorum incermediorum aly nvicem wnfipitts =
E tervallis differentium™ Neq? hovit natura limitem. =~
—Quz de curvis linets deqi fuperficiebus comprehenﬁs d
ftrata Tunt, facile applicantur ad Tolidorum fuperficies cvf

¢ mag”
“enu

emo?
vas &
con”

|
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Content[@TTrgemiﬁ “vero hzec Lemmara ut effugerem tadium dedu-

L7 . e —
cendi pagglexas demoaftrationes; more veterum Geometrarum,

ad abfurdum. Contra&iores enimredduntur demonfirationes per
Methodum indivifibiliuni: Sed quoniam durioreft indivifibilium
Hypothefis; & propterea Methodus illa minus Geometrica cen-
f?NrTmalui demonftrationes rerum fequentium ad ultimas quan-
tHtatum evanefcentium fummas & Fationes, primalq; nafcentium,
i eft, ad Timites {L mmarum & rationum deducere;” & propterea
hl}flitum illorum demonftrationes’qua portui breuitaté pramittere,
_Hl}‘ enimﬂidem/i)raeftatur’quod per methodum indivifibilium, &
Principiis demonftratis jam tutius utemur. Proinde in fequenti-
bus;: fiquando quantitates tanquam ex particulis conftantes confi-
cravero, vel fi pro veélis ufurpavero lineolas curvas; folim in-
divifibiliafed evanefcentia divifibilia; —non fummas & Ttationes
Partiun determinatarund, fed fummarum & rationum limites fem-
Per intelligi; vimq; talium demonfirationum ad methodum pra-
Cedentium Lemmatum § femper revocari.
Objectio eft; quod quantitatum evanefcentium nullafit ultima
Proportio ;quippe quz, antequam evanuerunt, non eft ultima, u-
! evanuerunt; nulla eft.™ Sed & eodem argumento 2que conten-
di poffet nullam effe corporis ad certum locum pergentis veloci-
ftem ultimam. Hanc enim, antequani corpus attingit locum; fion
_¢flc ultimam, ubi attigit, nullam efie.” Et refponfio facilis et Per
Velocitateniultimam intelligi eam, qua corpus movetur neq; ante-
—quamGcringit locum ultimum & motus ceffat, neqs pofiea, fed
tune cum atringit; id eft illam ipfam velocitatem quacum corpus
_Atungit Tocum ultimum & quacum motus ceffat.” E¢ fimiliter per
jltimam rationem quantitatum evanefcentium intelligendam efie
\_l‘ationem quantiratum non antequanf'évanefcunt;—non‘poﬁea,
_ted quacum evanefcunt— Pariter & Tatio prima nafcentium eft
110 quacum nafcyntur.  E€ fumma prima & ultma eft quacum
_SleTvel augeri & minui ) incipiunt & ceffant.” Extat limes quem
velocitas in fine otus ateingere | poteft, non autem tranfgredi.
F 2 T Hzxc
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Et par eft ratio limitis quar b,
cipientium & ceffantium— Ci ng;

Haxc ef’t;elocitas\ultima.
~ Proportionum omnium jn
mes it certus & definitu

A LN~
. 5 wetricumm €4
S, Problema eft vere Ge O“LL(IS“ metiicts
@ 55 St by ad J § peef Bh yCOLLL
dem determinare- "‘Geometrlca_vero omnia i alits
determinandis ac demonfirandis Je

Contendietinn—

et €7
— ultime quantitatutl €
» quod {i dentufr ultmn_quul t
vanelcent

ettt |

. N
uny rationes, dabuntye & ultime magnil -d”'csijzfil‘dﬂ
quantitas ompjs conftabit—e_@hdiviﬁbilibus, contra quam demon®
dﬁncommcnﬁxrabilibus, inlibro decimg Elementorum, Ulam®
{travies Verum hapo Objectio falfz innicicus hypothefi:
+ rationes 2" quibufcum

- lnt
e - «On 11.
quantitates evane{cunt; revera B

S quantitatum ultimarum,
—ﬁ .

st

fed limites ad ‘quos quaEtéi%uas

ne limite decrefcentium\ratione?femper appropinquant, —put

*  propius allequi poffuni 9"am pro data quavis djﬂcrent-la’tes di-

quam vero tranfgred, neqs prius attingeré quam quantita 2o

i n.” Reg clariu?intelligetur in nfinice ’Tn)ln y

- qQuarum daeaefy differentia augeantur ‘1iratis,

nitum, dabitur‘hamm\u}ti;na ratio, nimiruni ratio xqua cum

Nec tamen ideo dabunty C QURLEatS Tl feq maxime q“ai i
ifta et Tatio, Teiturin cquentibug;~ fiquando facili Ferum

ginationi confy,

S Tequeniy imatvel €T
tulens;dixerg qUantitates quam M1, 1mas, ‘:;inc de-
nefcentesvel ultimas, cavc‘?ntd!igas‘ﬁuantim tes magnith
terminatag; e cogita femper d

iminucndas_ﬁne limite.
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